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OB OTKPHBITBIX MOHOTOHHBIX OTOBPAKEHUAX

B. B. #emopuyk

P. . AuzmepcoH nokaszan [2], uTo ruanLbepToB KUpOuY () ABISAETCS MOHO-
TOHHBIM OTKPBITHIM 00pa30M MeHrepoBCKOU kpuBoit M. OrTcroma mepexomoMm K
MMOJIHLIM IPOOOpa3aM IOAMHOKECTB BLITEKAET

Teopema A. Beakudl KoMNaxm s8a7emes MOHOMOHKBM OMEPLLIMBLM 00D a-
30M 00HOMEPHO20 KOMNAKMA.

B mauHOIT 3aMeTKe MBI IEPEHOCUM DTO yTBEDKICHUE HA HEMETPU3YEMBIi
cayuait. Mmeer mecto

Teopema 1. lax ecarozo 6uxomnaxma X cywecmseyem buxomnaxm Z
pasmeprocmuy dim Z < 1 u mMowomonnoe omxpwmoe omobpaxcenue [ burom-
naxkmna Z na buxomnarm X .

IIperxme, yuem moka3biBaTL TeOpeMy 1, MBI yKa)KeM ONHO €€ MPUJIOKEHUE.

Ina duromnakra X uyepes exp X 0003HAYAETCS MPOCTPAHCTBO BCEX HE-
IYCTLIX MOAMHOKECTB X, cHaOkeHHOe Tonosnorueii Breropuca. Uepes exp® X
0003HAYAETCS MOANPOCTPAHCTBO MPOCTPAHCTBA eXxp X, TOYKAMU KOTOPOIO
SIBJISIIOTCSA BCE MOAKOHTUHYYMDI X .

BurkoMmakr X Ha3LIBAETCA MHOTO3HAUHLIM (COOTBETCTBEHHO KOHTUHYYM-
3HAUHLIM) aOCOJIOTHLIM PETPAKTOM, €CJIU MPU BCAKOM ero Biaoykenuun X — I7
B TUXOHOBCKUI Ky0 CyIIeCTBYyeT MHOTO3HaUHAA (COOTBETCTBEHHO KOHTUHYYM3-
HauHas perpaknus 7 : [T — exp X (coorsercrBenno r : IT — exp®X), T.e.
Takoe HempepLIBHOE oTobpaskenue, uro r(z) = {z} ans Beakoit Toukn x € X.

HenpepriBaop oTobpaskenue f:X — Y HA3BIBAETCSA Nn-MACKUM, €CIU IS
BCAKOTO OmkommakTa Z pasMmepHocTtu dim Z < n ¥ BCAKOTO €ro 3aMKHYTOTO
[IOAMHOKECTBA, A BCAKYI0O KOMMYTATUBHYIO AUATPAMMY
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MOMHO OOIIOJIHUTL OO KOMMyTaTI/IBHOﬁ aruarpaMMbl
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A wrme——o—— X

Hakoren, 6uxomnaxtT X HA3LIBACTCA GOCOAOMHLM FKCMEHIOPOM & Da-
ameprocmu n (mumem X € AE(n)) ecnu mOCTOAHHOE €ro OTOODAKEHUE ABJIA-
eCTA N-MAT'KNM.

. M. Hemomuamuii noxazan [4], 4TO BCAKUII MHOIO3HAUHLIA abCOTIOT-
upiii perpakt (MAR) anmexBaren riaccy 1-msarkux orobpaskenuil (onpeznenenue
azeksaraoctu cmorpu B pabore E. B. [llenuna [8]) u, caenosarennuo, aBis-
erca abCOIOTHLIM SKCTEH30pOM B pasmeproctu 1. Mmeer mecto

Teopema 2. Jlag bukomnarma X 9KE8UBAACHMHNBL CACOYOULUE YCAOBUT
a) X eCAR* 6) X eMAR B) X €AE (1)

Loxasameavcmeo. B cuiny OnimeckasaHHOrO HALO JUIIL IPOBEPUTL KM-
naukanuio B)= a). Ilycts X €AE (1) u X — I"-Bnoxenue. CymecrByer
ONHOMEPHLIN OMKOMIIAKT Z ¥ MOHOTOHHOE OTKPLITOe oToOpaskenue f: Z — I7
ma I” (cm. Teopemy 1). Homowum A = f~'X u g = f | A. Hockonnky
X €AE(1), cymectByer Takoe orobpaskenue h:Z — X, uro h | A =g¢g. Torga
otobpaskerue exp®ho f~1: I™ — exp® X u 6ymeT MCKOMOI KOHTUHYYM3HAUHOM
peTpaxuueii.

CunencrBue. Kaacc AE (1)-6uxomnaxmoe adexeamen xaaccy l-msexuz
omobpancenu.

OTMeTnM, UTO MO-MpPERKHEMY HE PENIeH CJIeyOIUil BOIPOC.

Bonpoc. Anexsaren nu knacc AE(n)-OMKOMIAKTOB KIACCY N-MATKAX OTO-
OpaskeHuit mpu a0bdom 17

IToka oTBeT Ha 5TOT BOIpOC monoskuTeseH nuins ais n = 0 (Xefigou [6]),
n =o0 (E. B. lllenun [8]) un = 1.

IoxrasarenncrBo Teopemol 1 mcmoanyer meron B. A. ITacuimkosa [5], ¢
noMOILI0 KOToporo o u3 npumepa JI. B. Keageim [3] ayinomepHOro oTKpohi-
TOrO OTOOpAYKEHUs OJHOMEDHOIO KOMIIAKTa HA KBAJAPAT HOJIYUYUI OTPLITOE
HYJLMEPHOE OTODpasKeHre OIHOMEPHOTO OMKOMIIAKTA HA MPOU3BOJILHLIA HEHY-

JLMEPHLIT OMKOMIIAKT.

143 ”

Bce orobpaikenus umke OyayT OTOOparKeHUAMU CraskeM, 4uTO

KOMMYTaTHBHasA OAUarpaMMa

Ha

XQL}YQ

T

X1 e Yl
f1

*1.e. X ABJIAETCA KOHTUHYYM3HaYHbIM abCoOMIOTHBIM peTpaKTOM.
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3aMOANENa, eCTN A BCAKOH Toukm x € X umeeM fop L(z) = ¢t fi(x).

Jlemma 1. [5]. ITyemv S = {Xp, 7§t < 7} u T = {Ya,03 : @ < 7}~
068G 06PAMNBLT BTNOAKE YNOPIOOUEHNBLT CNEKMPa 00noT u Mol nce daunst. ITycmb
F:S — T-mako@ mopgusm cnexkmpa S e cnexkmp T (m. e. F = {fs :a <7},
20e fo : Xo = Yo 0mobpamcenus ¢ KoMMYMamMuermu Ouazpammami

Xo —2 5V,

) l e

Xg — Y5
I
Oasr scex (B < a < 7), wmo ece duazpammu (2) 3anoanens,, 8ce 0MOOPaANCEHUT
fo omxpumu. Tozda npedeavnoe omobpancenue lim F' : lim S — lim T maxxce
— — —
oOmKEPHMO.

W3 onpenenenus npenesoB OOPATHLIX CIEKTPOB HENOCPEACTBEHHO BHITE-
KaeT

JIemma 2. FEcau mopgdusm F : S = T cocmoum u3 MOROMOHKBL 0MO-
bpaxncenuil, mo npedeaevnoe omobpancenuve lim F : lim S — lim T maxace mono-
«— «— «—
MOHHO.

Teopema 1 mokasniBaeTCa MHAYKHUEHR mo Becy Oumrommnakta X. Ilpwm
wX = wp-»T0 Teopema A. IIpemmonoskmm, uTo Teopema 1 mokazaHa mJIA BCEX
HbukoMmakToB Beca < 7. Jloraskem eé mus OukommakToB Beca 7. [lisi sToro,
KaK 4 B Clydae TeopeMbl A, mocTraroyHo mokas3arh e€ mas kyba I7. IIpen-

craBuM 7 B Buze npegena HempepuBHOro (cM. [7]) cnekrpa T = {Y,, 0F 1<

a+1

7}, rme Y, < T 1 Bce cocenHue npoeknu 92

Yo x I —Y,.

Teneph OpOCTpOUM CIEKTP S = {Xa,ﬂ'g i a < T} u3 OGUKOMIAKTOB X,
pasmeproctu dim X, < 1 m Beca wX, < T U OTKPBLITBIX MOHOTOHHBIX OTO-
Opaxkenuii, a rakxke takoit moppusm F = {f, : a < 7} : S = T, uro BCE
oTOOpaKeHus f, ABIAIOTCA MOHOTOHHBIMU OTKPBITUMU OTOOpasKeHusMu “Ha”
a BCe muarpamMmbl Buaa (2) samosmenni. Torga mpenenbHOe OTOOpaskeHue
f =1limF u Oymer MCKOMBIM MOHOTOHHLIM OTKPLITLIM OTOOpasKeHreM OMKOM-

—

roOMeOMODP(HLI IPOEKTUPOBAHUAM

makTa Z =1lim S wa I7, B cuny nemm 1 u 2.
«—

Croerrp S u Mopdusm F CTPOATCS MOCPEACTBOM TPAHCPUHUTHON PEKY P-
cuu. HavannHLil mar TpUBUAJIEH, TOCKOALKY MLI MOMKEM MPEAJIOKUATL UTO Yy
coctout u3 omuoit Touku. Cnekrp S OymeT HEIPEPLIBHLIM, MOSTOMY MPOEK-
Lus 75 AU NPEAeIbHOIO (o ABJIAETCS HPeAeIOM IPOEKIUi wg npu < v < a.
Orobpakenue f, i IPEIEILHONO (@ TAKKE ONPEAEIAETCS KaK MPenes OTO-
bpasxennit f,, v < a. B cmuy smemm 1 u 2 orobpawenue f, Oyzer mMoHO-
TOHHLIM, OTKPLITLIM U, OUEBUAHO, “Ha”. 3aMOJHEHHOCTL muarpaMm Buzaa (2)
IS IPEIESILHOTO (¢ BEITEKAET U3 JIETKO IPOBEPAEMOr0 YTBEDKACHUA: Mpenet
3ATOJHEHHLIX UarPaMM 3aI0JHEH.
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WNTak, ocTasoCh COBEPIIUTL PEKYPCUBHLIM mepexonq oT « K « + 1. Mol
MOYKeM BKJIIOUUTL B ()OPMYyJIUPOBKY Teopembl 1 TpeboBanue wZ < wX, BLIIOJ-
HenHOe mpn wX = wp. ITosTOoMy MLI MOkeM cuuTaTh, uTo wXg < wYs, B < a,
s GukoMnakToB u3 cuekrpa S. Ilyctn muarpamma (3) ABIAAETCA BEPHBIM

npoussesierHeM otobpaskenuit fo u 021! (cm. [1], Hpunoxenue & ra. 1, § 2).

»
Zoy1 — Yaq

(3) ql l@gﬂ

Xo, — Y,
fa

Torna 6uxkoMnakr Z,y1, OyAy4Yu mOAMHOXKECTBOM npowm3BeneHus X, X Yoi1,
umeeT BeC WZqy+1 < WY,41 < 7. Ilo mEAYKTUBHOMY IpEIOKEHNIO CYIIECTBYET
bukoMmakT Xoy1 ¢ wWXqt41 < WZaq1 1 dim Xy11 < 1 MOHOTOHHOE OTKPLITOE
oTobOpakeHue ga41 : Xat1 — Za+1 Ha Zgtp1. C Opyroit CTOpPOHLI MO J€MMeE O
napasnenbHeix (cM. [1], Ipunoskenne k ra. 1, §2) oroGpaskeHne p MOHOTOHHO
OTKPBLITO U “HA”, MOCKOJLKY TAKOBBIM K€ SBIAeTCA U f,. Torma, mosoKuB
fat1 = PO gay1 u T = qo gat1, MBI U cOBepmuM mepexon oT a K a + 1.
3al0JIHEHHOCTL HOBLIX BO3HMKAIOUMX AuarpaMM OLITEKAeT M3 OYeBUIHON 3a-
MOJIHEHHOCTU AWArpaMMbl (3) U 3al0IHEHHOCTU CTapLix auarpamm. Teopema
IOKa3aHa.
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