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A NOTE ON A THEOREM OF BOAS

S. M. Mazhar
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1. Let A=(%, ;) be a triangular matrix of real numbers, then (A) mean
of a sequence {s,} is given by

n
ta= 2 ok Sk-
£=0

If we take

A*] N
WP SR | A,,=("+°‘),
A o

n

then the sequence ?, becomes oy, the n-th Cesdro mean of order « of the
sequence {s,}.

2. Generalizing a result of Tomié [2], Boas [1] has recently obtained
the following theorem.

Theorem A. If the series b, sinnx has b,>>—A\,, where A, are the
Fourier-Stieltjes sine coefficients of a function of bounded variation, and if

(2.1) [lon(x)|dx=0(),
0

for some £>0, then the series Zb,/n< .

The object of this note is to show that this theorem remains true even

if we replace y in (2.1) by the () mean of the sequence of partial sums
of X b,sinnx, where A, ; satisfies certain conditions.

3. Let
n

(3.1) A, >0, D Mx<C and > Mk >8>0 for sufficiently large n.
k=0 (21

Following the lines of proof of Boas [1] we have

k.:EI (:Zk Ao ) b (1 4+ 0 (K2)) | <C,

where C is a constant.
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Let 5,>0. If m is so large that the term O (k~?) is less than k-1/2 for
k>=m, then for n>2m we have

s 3] 3] .
— 2 bifk< 2 (2 M )b (K + 0 (k7).
2 k=m k=m u=k
<C.
Hence X b /k< oo,

A P
The proof for the case b,>—A2, when 2,]O and Z A oo, is similar
n

to that of Boas.
Thus it follows that the theorem of Tomié remains true if we replace
(2.1) by
€

[t )| dx=0(),

0

where A, , satisifies the condition (3.1) and ty (x) is the corresponding mean

of X b, sin nx.
a—1
"% >0 we find that condition (3.1) is satisfied.

4. If we take A, ;=

Thus we deduce [1, p. 383]': that in Theorem A condition (2.1) can be
replaced by

4.1) [ et |dx=0(1), a>1,
0

which, is a lighter condition.
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