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INEQUALITIES OF R. RADO TYPE FOR WEIGHTED MEANS
D. S. Mitrinovic

(Communicated November 12, 1965)

1. Let a=(a,, a5,...), p=(p1, P2,---)>» 9=(4,, ¢,,...) be sequences of
positive numbers.

For n=1, 2,... we set
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We shall prove the following inequality:
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By differentiation we get
n—I1 n
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n—1 n
> b 1 z pil 213 pi
(4) f (an)=Z—”- LI [— G,y (a; p)] >0.

From (3) and (4) we conclude that f(a,) has a minimum for a,=
=G, (a; p) and no more extrema. From (3) we get

minf(a,,):(”il_1 q:\) n—1 (@5 Q)— — ("2—:117) n—1 (@ D),

and (1) follows.
2. If pr=q, (k=1, 2,...), we get from (1)

(3) 0< (p:+p,) [4; (a; p)—G, (a; p)]
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If A4, (a; p)=G, (a; p), we must have

A (a; p)=Gr(a;p) (k=1,2,...), i.e., ay=a,=--- =a,.
3.0 py=py= - - =pa=1, (5) gives
(6) n(4n—Gn)Z2(n—1) (Ap-y — Guy),

where

1 & G k 1/k
= k= a; .
e 3o on(i1e)
Inequality (6) is due to R. Rado [1]. The same inequality was redis-
covered by L. Tchakaloff [2], E. Jacobsthal [3] and A. Dinghas [4].
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